MSC 97M50 DOI: 10.14529/jcem180102

MATHEMATICAL MODELS FOR EXTRACTING PILE
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The article describes a method for extracting piles from the soil using the multibarreled
artillery recoiling systems. The method is based on the recoil of guns during a shot and
the rigid connection between the extracted pile and the recoiling parts of the guns. In order
to describe the extraction of piles from the soil, we consider a tubular chopped powder. We
propose mathematical models to calculate the dynamics of guns during a simultaneous shot
from all the barrels and determine the amount of extraction of pile from the soil. The paper
describes a technique for performing the necessary calculations, which is based on a phased
solution of the Cauchy problem for the first and second shot periods. Numerical experiment
shows the principal possibility to use the existing single-barreled building artillery systems
to extract piles from the soil. For modelling calculations of extracting piles from the soil, we
use parameters of the installation for the shooting of anchors and piles, which is introduced
into the industry for the oil and gas field building.
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Introduction

The urban planning often set the problem of eliminating the so-called long-term
building. One of the types of work performed for the eliminating is the extraction of piles
from the soil. Many of the existing methods that solve this problem are difficult to apply
for point building.

Fig. 1 and Fig. 2 shows a diagram of the multibarreled recoiling artillery system that
allows to extract piles from the soil due to the energy of the recoil of guns during their
simultaneous shot [1].

The method of extracting building elements from the soil with the help of multibarreled
artillery guns includes the following sequence of operations:

— set stamps 6 in the barrels of artillery guns 2;

— take a platform 3 in the form of a circle with points of contact at the ends of the
circle diameter and install the platform on breech ends of artillery guns 4 such that
each pair of recoiling pieces of the artillery guns are on opposite ends of diameters
of the platform 3;

— attach the center of the circle of the platform 3 to the head of the extracted building
element 7 by the tensioned cable 5;

— produce a synchronized shot from all guns;

— the platform 3 rises up due to recoil during the shot and extracts the building
element 7 from the soil 1.
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Fig. 1. Diagram of the extracting piles from the soil with the help of multibarreled recoiling

artillery guns (side view)
3 \ 5
E 2 ~ 5

Fig. 2. Diagram of the extracting piles from the soil with the help of multibarreled recoiling
artillery guns (top view)

Let us describe a mathematical model for extracting piles from the soil by the recoiling
parts of multibarreled guns with the same technical characteristics and conditions of
charging for each of guns of the artillery system.

1. Mathematical Model

In order to develop a mathematical model, we consider the thermodynamic theory of
shot within the assumptions |2, 3] that we use tubular chopped powder.

The preliminary shot period for each of the guns is described by the following well-
known formula:

1 1
O . )

where A is a charge density, ¢ is a density of the powder, f is a strength of the powder,
po is a pressure of the forcing of the stamp, a is a covolume of the powder gases.
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We assume that stamps rest the soil before the shot.

In order to analyze the process of shot during the shooting of stamps in the soil, it
is necessary to take into account not only some of the energy of the powder gases, which
turns into kinetic energy of the translational movement of the building element, but also
the energy expended for the performance of another type of work. Therefore, the balance
of energy during the shot is complete [4, 5].

Let n be a number of guns in a multibarreled system.

Define the work on overcoming the resistance force of the soil to the movement of
stamps in the soil, performed due to the energy of the powder gases.

Let v, be an absolute speed of a stamp, [, be an absolute path of the stamp on the
gun channel. In this notation, the resistance force of the soil F' can be written as

F = F(vg, Ly).

Then the energy necessary for shooting of the stamps on the depth L,, if the number
of the stamps is equal to n, can be written in the form

La

7 :n/F(va,x)dx,
0

dz _
where % = v,.

Therefore, Z; takes the form

Lq

A :n/F(va,x)dx,
0

dr _
where % = [,.

It is obvious that the kinetic energy of the stamps having mass m at time ¢ satisfies
the relation

va

Zgzn 2(1.

Recall that the guns of the artillery system are placed vertically and such that the
stamps move down during the shot. Therefore, it is obvious that the energy of the powder
gases is used to move up the guns and piles. Hence, the performed work can be expressed
by the relation

ZS = (HQ + QC)Lpa
where () is a weight of the recoiling parts (barrels) of each artillery guns of the multibarrel
artillery system, ¢, is a weight of the extracted pile, L, is a movement of the recoiling
parts.
Moreover, energy of the powder gases gives a speed V to the recoiling parts of the
artillery gun and the extracted pile. Consequently, the kinetic energy of the recoiling parts
satisfies the following equality:

(nM + m.)V?
2 )
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where M is a mass of the recoiling parts of a gun, m, is a mass of the pile.
The energy, which is spent on overcoming the resistance force of the recoil, has the form

Ly

7 — / nG(V,L) + FydL,,

0

where L, is a path of the recoil, G(V,1,) is a resistance force of the recoil, F}, is a frictional
force of the side surface of the extracted pile on the soil.
Since the stamps move vertically down, the force of gravity performs the work

Zﬁ = nqLaa

which is not performed due to the energy of the powder gases.
Let E be an energy of the powder gases, due to which works 7y, Z,, Zs, Z4, Z5 are
performed. Then the following relation is obvious:

5
E=Y 7 —Zs (2)
=1

The value F can be approximated in the following form:

f \Il_p(W‘I’+SL):| : (3)

E=n [ Qw 7
where 0 is an adiabatic coefficient of the powder gases without unity, w is a mass of the
charge in each barrel, ¥ is a relative part of the burned charge in each barrel, P is a
pressure in the barrel channels, Wy is a free volume of the chamber in each barrel at the
moment of combustion of a part of the charge W, s is a cross-section of the channel of each
barrel, L is a stamp path along the channel of each barrel.

Replacing the values Z; in the relation (2) by their algebraic expressions and taking
into account the formula (3), we obtain the following equality

f p(Wy + sL)
Ja— W -_—__—— pu—
"o 0
La ; M +m.)V?
=n [ F(v,,x)dx + nmzva + (nQ + q.)L, + % —ngLq+ (4)
0
Lp

+ [[nG(V,1,) + F,)dl,.

0

In the equation (4), we differentiate the parameter p of the pressure in the barrel
channel with respect to time ¢ and obtain the relation

dp n%w‘ﬁl—‘f — U F (vq, Lg) — nmu, e — nQ% - qc%
dr an,;sL - -
n AWy SVa+5s
(MM + mo)V G+ VInG(V. L) + F, ] + "o
o an;-i—SL

0
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The following obvious equations describe translational motion of the stamp, recoiling
parts of the gun and extracted pile:

dv,

= ps — F(v,, L

m— =ps (Va, La) + ¢, (6)

dL,
a0 @)

v

(nM +me) — =nps = nG(V, L) = Fir = Q — g (8)

dL,
=P _ vV 9
— (9)

According to the law of combustion of a tubular chopped powder [3], the following
relations are valid:

dv dLy

I = = 1

dt b, dt a1p, ( O)
Wo 1 1

a=Sle=59=1

where I, is the total impulse of the pressure of powder gases during the powder combustion.
The initial conditions for solving the system of differential equations (5) — (10) take
the form:

P/t=0 = Po, Vajt=0 = 0, Vj—0 = 0, W10 = Vo, Laji—0 =0, Lpj—0 = 0.

According to the thermodynamic theory of shot, the Cauchy problem [6] describes the
first shot period [2].

The equations (5) — (9) of the second shot period [4] are equivalent to the equations
of the first shot period, if ¥ = 1. The system of differential equations does not include
the equation

dv
at P
The initial conditions for solving the system of ordinary differential equations for the
second shot period are equal to the finite values of the unknown functions of the Cauchy

problem describing the first shot period.

2. Numerical Experiments

Fig. 3 shows a single-barreled artillery system (n = 1) for the shooting of anchors and
piles in the soil UZAS-2 [7], which was established in Perm. In order to extract piles from
the soil, we can use the system as follows. A stamp with a large area of the mid-section
of the base is placed in the barrel. A head of the pile extracted from the soil is rigidly
attached to the recoiling parts of the gun. During the shot, the stamp shallow gets into
the soil, and the recoiling parts of the gun rise up and extract the pile from the soil. Let
us perform calculations of modeling the dynamics of extracting pile from the soil with the
help of UZAS-2.
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Fig. 3. System UZAS-2 with a stamp getting into the soil

Consider the clay soil with a consistency 0.3.
The resistance force of the soil (H) to penetration of the stamp is determined by the
following relation [2]:

F = F(vg, Ly) = 3422025, + 2000000, -+ 350007 d, L,

where s, ds are midsection area and diameter of each stamp, m.
The forces G(V, L,) and F,, satisfy the equalities (H)

G(V, L,) =0, F,, = 35000xd.(H, — L),

where H, is an initial penetration of the extracted pile.

In order to numerically solve the problem of the shot dynamics, we take the following
characteristics of the gun [7], charging conditions, parameters of the stamp and extracted
pile: length of the barrel chanel is 1.8 m, weight of the charge is 3 N, barrel caliber is
0.170 m, chamber volume is 0.001026 m?, powder force is 950000 J/kg, powder density
is 1600 kg/m?, adiabatic index of powder gases is 1.2, covolume of the powder gases is
0.98-1073 m3/kg, total impulse of gases pressure during the combustion of powder (powder
impulse) is 376.500 Pa - s, weight of the recoiling parts of the gun is 36000 N, diameter
of the stamp head is 0.5 m, mass of the stamp is 800 kg, diameter of the extracted pile is
0.168 m, weight of the pile is 240 kg, initial penetration of the pile is 4 m.

In order to calculate dynamics of the gun, we develop a special program [8]. In order
to solve the Cauchy problems, we use the Runge-Kutta method of the second order with
an integration step 107% s [2, 3].

Calculations shows the following dynamic indicators at the end of the shot: maximum
pressure in the barrel channel is 654 M Pa, muzzle pressure of the powder gases is 4.2 M Pa,
penetration of the stamp in the soil is 1.13 m, size of the extraction of the pile from the
soil is 3.46 m.
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Conclusion

Therefore, due to the constructed mathematical model and numerical calculations,
we show the principal possibility to use recoiling artillery guns for extracting piles from
the soil.
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MATEMATMYECKIUE MOJEJIN N3BJIEYEHNS CBAN
N3 T'PYHTA C IIOMOIIIBIO MHOI'OCTBOJIBHBIX
APTUJIJIEPUNICKNX CUCTEM

O. I. Ilenckuti, A. I Kysneuos

B crarpe ommcan croco® m3BiieveHus CBail U3 IPYHTA C IOMOIIHIO MHOTOCTBOJIHHBIX
ApTUICPAACKUX OTKATHBIX CHCTEM, OCHOBAHHBIA Ha KECTKOM COCIWHEHUHN WU3BJICKACMON
CBad K OTKATHBIM YacTsIM OPYJMH M OTKATe OpyAuil BO BpeMs BbIcTpesa. IIpu onucanum
U3BJIEYEHUsI CBail U3 I'PyHTa PACCMOTPEH TPyOUaThIil 3epHEHbI mopox. IIpetokensr MmaTe-
MaTHYeCKHAe MOJEIN JIJId pacdeTa JUHAMUKA OPYIUi BO BpeMdA OJHOBPEMEHHOI'O BBICTDEJIA
U3 BCEX CTBOJIOB U OIIPEJICJICHIS BEJNINHBI U3BJIeYeHns cBan u3 rpyHTa. Ommcana MeToIuKa
[IPOBEJICHIST HEOOXOIMMbBIX BBLIUUCJICHI, OCHOBAHHAS HA [TO3TAITHOM perreHnu 3a1a4u Korm
JIJIsI TIEPBOTO M BTOPOT'O TIEPUOJIOB BBICTPEJIa. YUCICHHBIM KCIIEPIMEHTOM ITOKA3aHA TTPUH-
[UINAJIbHAs BO3MOXKHOCTbH HUCIOJIb30BaHUA CYIIECTBYIOIIUX OJHOCTOBOJIBHBIX CTPOUTEJIbL-
HBIX apTULIEPUIICKUX CHUCTEM JIJIsi U3BJICUCHUS CBail u3 rpyHTa. LI MOJIEIbHBIX PACUETOB
U3BJICCECHUA CBAall U3 I'DYyHTa HCHOJb30BAJINACH IIAPAMETPBI YCTAHOBKHU JJId 3aCTPEJIMBAHUA
AHKEPOB U CBail, BHEJIPEHHOI B IPOMBIIIJIEHHOCTD [IJIsi 00YCTPOICTBA HEPTAHBIX U TA30BBIX
MEeCTOPOXKICHUI.

Karouesvie cao6a: Mamemamusieckue Mooeal; Cmpoumenbecmeo; apmuAiepuickue opy-

us; QUHAMUKG; NPOHUKGHUE.

JIureparypa

1.

Criocob u3BJeYeHNsT CTPOUTETHHBIX JIEMEHTOB U3 IPYHTA C IIOMOIIBIO MHOTOCTBOJIb-
HBIX aprujiepuiickux opyawii: marent Ne 2017126845 Poccuiickast Pejeparust /
O.T". Iencknit, H.H. Masenna, E.C. IllecrakoB. — 2017126845 (3asiBKa Ha peructp.
narenta P® na uzobperenue), nara npuopurera 25.07.2017.

. Mananun, B.B. IIpunmunuaabable cXeMbl 1 MaTeMaTHIECKHIE MOJIEN CTPOUTEIbHBIX

aprmiepuiickux opy/auii / B.B. Mamanun, E.H. Ocranenko, O.I". Ilenckwuit, A.B. Yep-
HukoB. — [lepmb: Uzn-Bo Ilepm. roc. yu-ta, 2016.

Pycsixk, N.I. BuyTpukamepHble rereporeHHble MPOIECChl B CTBOJIBHBIX CHCTEMAX /
N.T". Pycak, B.M. ¥Ymakos. — Ekarepunoypr: Usn-s8o YpO PAH, 2001.

. Xomenko, FO.I1. Maremarudeckoe Mojie/inpoBaHie BHY TPUOAITUCTUIECKAX ITPOIECCOB

B crBOostbHBIX cucremax / FO.IT. Xomenko, A.H. Umenko, B.3. Kacumos. — Hosocu-
oupck: Usn-Bo CO PAH, 1999.

Yypbanos, E.B. Bayrpennss 6ammucruka apruiiepuiickoro opyaus / E.B. Uypba-
noB. — M.: Boenusmar, 1973.

. Tuxonos, A.H. JIuddepennnanvusie ypasuenns / A.H. Tuxonos, A.B. Bacuibesa,

A.T'. Ceemnnkos. — M.: Hayka, 1980.

Baprosiomeii, A.A. OCHOBbI UMILYJIbCHOW TEXHOJIOTHE YCTPOiicTBa (DyHIaMEHTOB /
A.A. Bapronowmeii, B.H. I'puropses, .M. Omenpaa, O.I. Tlercknit — [lepmb: U3a-BO
[TV, 2002.

2018, vol. 5, no. 1 21



O. G. Pensky, A. G. Kuznetsov

8. IIporpamma pacdera JUHAMUKN U3BJICYCHUS CBail M3 TPYHTA C TOMOIIIHIO MHOTOCTBOJIb-
HBIX apPTUJIJIEPUICKUX CHCTEM: CBUJIETEJILCTBO O T'OCYJapcTBeHHON peructparuu [Ip-
9BM Ne 2017660043 / O.I'. IMenckwmii. — 2017660043; 3apeructp. 13.09.2017, Pocrma-

TEHT.

Henckutii Onee ['ennadvesuy, doKmMop MerHuYeckuT Hayk, douenm, xapeopa MexaHury
U MAMEMAMUYECK020 Mmodesuposanus, Ilepmekuil 2ocydapemeentviii HAUUOHAALHOIT UC-
caedosamenverkutdl ynusepcumem. (2. Hepmo, Poccutickas @edepayus), ogpensky@mail.ru.

Kysneuos Andpeti T'ennadvesuy, randudam mexnuveckuxr wayk, douenm, de-
Kan MeTaHuKo-mamemamuueckozo garxyavmema, Ilepmexutd 2ocydapemeennoili Havyu-
oHaavHbl  uccaedosamenvckutl yrusepcumem (2. Ilepmv, Poccutickas @Pedepayus),
sp_ 9914 @mail.ru.

THocmynuana 6 pedarxuyuro 25 saBapst 2018 1.

22 Journal of Computational and Engineering Mathematics



